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METHODS OF CONTRUCTING NEW 
SEMIGROUPS & SEMIGROUP 
VARIETIES
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(n,m)-CONSTRUCTIONS
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THE  (1,0)-CONSTRUCTION CASE
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SQUARE EXTENSIONS OF SEMILATTICES
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IDENTITIES FOR NEWLY 
CONSTRUCTED SEMIGROUPS & 
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IDENTITIES FOR  NILPOTENT EXTENSIONS
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IDENTITIES FOR 2-INFLATIONS
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IDENTITIES FOR  (1,0)-CONSTRUCTION 



IDENTITIES FOR  SQUARE EXTENSIONS
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SOME EXAMPLES ….



[Igor Dolinka, 2002]. 
Every square extension A of a 
rectangular band I is an inflation
of I.

Result. A semigroup is a square 
extension of a semilattice if and only 
if it satisfies the pair of identities
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of semigroups
comprised of all 

SQUARE 
EXTENSIONS OF 
SEMILATTICES. 
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 Consider the variety of all

2-INFLATIONS OF 
SEMILATTICES
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VARIETIES CONSTRUCTED USING 
SEMILATTICES
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VARIETIES CONSTRUCTED USING 
NORMAL BANDS
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SUBVARIETY LATTICES
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The lattice of all 
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Nilpotent extensions of 
semilattices
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Trivial Semigroups

Null semigroups
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MELNIK:   All varieties of 2-nilpotent 
extensions of rectangular bands



PETRICH:  Joins of 2-nilpotent extensions of rectangular 
band varieties with the semilattice variety
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(1,0) construction of normal 
bands
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CONJECTURE



)0,1(1

11111111

11
2

11)0,1(1

1111

1
2

1

11
2

11

)(

 thatso

)...)(...()...)(...(

)...()...(
)(

)...)(...()...)(...(

)...()...(

)...()...(

: varietiessemigroup

of families following  thedefine 2integer each For 


























































n
n

n

nnnn

nnn

nnnn

nnn

nnnn

nn
n

L

xxyyzyyxxz

xxzxxz

xxyyyyxx

xxxx

xyyx

xxzxxz
L

n


